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Abstract—This paper investigates the performance of reflec-
tive intelligent surface (RIS)-assisted bi-directional full-duplex
(FD) systems considering hardware impairments (HIs), and self-
interference (SI) under Nakagami-m fading. Unlike previous
research that assumes ideal hardware or Rayleigh fading, this
work derives closed-form expressions for outage probability,
asymptotic diversity, throughput, and energy efficiency. The
analysis employs a novel Gamma approximation, based on
moment-matching and a first-order Laguerre series expansion,
to accurately model Nakagami-m product channels. The derived
formulations allow efficient performance comparisons, including
RIS-assisted half-duplex (HD) systems with and without hard-
ware impairments. Numerical results reveal that using HIs/SI re-
sults in error floors. Increasing the number of reflective elements
N , reduces the outage probability and enhances throughput
and energy efficiency. The Monte Carlo simulations validate the
analytical findings. Therefore, the proposed framework provides
valuable design insights into the trade-offs among transceiver
non-idealities, RIS size, and overall system robustness, serving
as a critical reference for designing energy-efficient, hardware-
aware RIS-assisted FD communication architectures in future
wireless networks.

Index Terms—Bi-directional, full-duplex, half-duplex, hard-
ware impairments, reflective intelligent surface.

I. INTRODUCTION

F IFTH-generation (5G) networks support diverse com-
munication paradigms, including massive machine-type

communication (mMTC), ultra-reliable low-latency communi-
cation (URLLC), and enhanced mobile broadband communi-
cation (eMBB).

Current 6G research emphasizes improvements in spectral
efficiency and overall system performance. For instance, [3]
studies conventional (C-RIS) and simultaneously transmitting
and reflecting intelligent surfaces (STAR-RIS) in in-band
FD systems to improve spectral efficiency and reduce SI
by optimizing the number of C-RIS elements. [4] leverages
STAR-RIS to enhance cell-edge user communication in FD
non-orthogonal multiple access (NOMA) networks, thereby
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maximizing ergodic sum rate. [5] proposes an architecture for
improved spectral efficiency via simultaneous full-spectrum
uplink and downlink communication, optimizing beamforming
and addressing SI cancellation. It also discusses transmitter-to-
receiver interference in FD massive MIMO systems, outlining
challenges, applications, and future research. [6] introduces
a metasurface-based reconfigurable antenna architecture to
enhance wireless communication through advanced analog
signal processing. In [7], authors propose a STAR-assisted
FD massive MIMO two-way network to improve coverage
in weak-signal areas, optimizing the passive beamforming
matrix to maximize spectral efficiency even with correlated
channels and imperfect channel state information. Simulations
demonstrate its superiority over half-duplex and conventional
RIS-assisted systems. Finally, [8] examines the potential and
challenges of the terahertz (THz) frequency band for fu-
ture wireless communication to meet throughput demands,
emphasizing spectrum expansion and discussing implications
for mobile network simulations and Beyond-5G architectures.
RIS-assisted NOMA systems’ physical-layer security (PLS) is
studied, using joint beamforming/power allocation to enhance
PLS against internal/external threats. Noise beamforming re-
duces external eavesdropping. Simulations show more RIS
elements improve secrecy more than transmit antennas [9].

Device-to-device (D2D) relaying challenges are reviewed,
focusing on resource/interference management, assessing re-
search limits and open questions [10]. Building upon these
system modeling advancements, FD (FD) communication
emerges as a critical enabler offering superior spectral effi-
ciency and reduced latency. However, SI and cross-link inter-
ference in multi-cell deployments pose significant challenges
to widespread FD adoption. Combining FD with emerging 6G
technologies such as RIS and non-terrestrial networks (NTNs)
creates a unified platform for integrated communication, sens-
ing, and backhaul applications [11]. Therefore, the integration
of RIS with FD technology is increasingly recognized as a
pivotal approach for meeting the advanced demands of 6G
wireless networks, enabling adaptable and efficient solutions.

RIS-assisted FD systems are garnering considerable re-
search attention as a promising solution to meet the growing
need for ultra-reliable and spectrally efficient wireless commu-
nication in 6G networks [12]. Existing research on the RIS-
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aided FD systems with HIs often employs simplified one-way
models or considers specific fading conditions (e.g., Rayleigh
fading or correlated Nakagami-m fading without bi-directional
HIs/SI). This paper addresses this gap by presenting a robust
analytical framework to evaluate the performance of RIS-
assisted bi-directional FD systems, accounting for HIs, SI, and
Nakagami-m fading channels.

The key contributions of this paper are outlined below:
• In contrast to Rayleigh models, obtaining closed-form

PDF/CDF expressions for products of Nakagami-m ran-
dom variables presents a considerable challenge. To
overcome this difficulty, we employ a moment-matching
technique in conjunction with a first-order Laguerre series
expansion to approximate the distribution. This method
provides a more rigorous mathematical framework com-
pared to prior investigations based on Rayleigh distribu-
tions.

• The framework presents a significant advancement over
previous studies by offering closed-form expressions for
all four key performance indicators in the specified con-
figuration. This addresses a notable gap in the existing
literature pertaining to rigorous energy efficiency analysis
and asymptotic outage behavior.

• The analysis reveals SNR error floors attributable to
hardware limitations and persistent SI. Moreover, the
findings suggest that augmenting the number of reflecting
elements N may reduce energy efficiency at higher SNRs,
despite improved reliability. This represents a crucial
design factor for implementations subject to hardware
constraints.

The following sections of this paper are structured as follows:
Section II presents the related works, Section III presents
the system and channel models. Section IV presents the
derivation of performance metrics, addressing outage proba-
bility, asymptotic outage probability, throughput, and energy
efficiency. Section V provides numerical results accompanied
by comprehensive discussion. Finally, section VI concludes
with a summary of key insights.

II. RELATED WORKS

Research on the RIS systems has predominantly focused
on the one-way transmission, often assuming ideal transceiver
hardware [13]–[15]. However, practical transceivers are sub-
ject to impairments, including phase noise and amplifier non-
linearities, which can diminish RIS performance. Therefore,
substantial research efforts have been dedicated to the evaluat-
ing RIS-enabled wireless systems, with particular emphasis on
the effects of HIs in various fading channel environments. In
[16], the authors examined a hybrid RIS-relay-assisted system,
with an emphasis on the throughput and probability of outage
performance in the presence of HIs. [17] analyzed the rate-
energy trade-off in a simultaneous wireless power and infor-
mation transfer RIS-enabled wireless networks, accounting for
HIs. Additionally, heterogeneous networks supported by RIS
(HetNets) [18] and satellite unmanned aerial vehicle (UAV)-
terrestrial networks [19] were evaluated by considering the
effect of HIs. In [20], massive MIMO systems assisted by

RIS with HIs were analyzed using statistical channel state
information (CSI). Reference [21] analyzed the performance
metrics of RIS-enabled wireless systems in one way, focusing
on the coverage probability and capacity, along with the energy
and spectral efficiencies [22]. The expansion of this analysis to
include systems featuring multiple inputs and a single output
has been previously explored in [23]. Recently, analytical
expressions were derived to enhance the spectral efficiency of
a cell-free massive multiple input and multiple output (MIMO)
system aided by an RIS with the impact of HIs in [24]. Upper
limits for the ergodic sum-rate were analytically derived in
[25] for both perfect and imperfect successive interference
cancellation (SIC) decoding in NOMA systems using RIS.
Furthermore, the advantages of incorporating relay and RIS
technologies into wireless communication systems have been
thoroughly investigated. Coverage analysis of this combined
architecture is presented in [26], whereas power consumption
and energy efficiency aspects are detailed in [27]. Therefore,
it is essential to emphasize that the studies cited primarily
addressed one-way transmission scenarios influenced by HIs.

Recently, RIS-assisted bi-directional communications have
attracted considerable attention and have been extensively
studied in the literature across various fading channels. The
research cited in [28] explores bi-directional communication
systems enhanced by an RIS, concentrating on the outage
probability in one direction, spectral efficiency, and the effects
of Rayleigh fading channel environment. The study presented
in [29] explored a method for optimizing the base station’s
precoding matrix and RIS reflection coefficients to maximize
the minimum weighted rate for users in multi-user, FD bi-
directional systems that operate over Rician fading channels.
In [30], a design was proposed that simultaneously optimizes
the beamforming matrix and the RIS phase shifts for bi-
directional communications enabled by RIS over channels that
experience both Rayleigh and Rician fading. Reference [31]
investigates the probability of outage and ergodic capacity
of RIS-assisted bi-directional NOMA networks, specifically
within the framework of Rayleigh fading. The study in [32]
evaluated the performance of RIS-enabled bi-directional FD
communications in the context of Rayleigh fading channels.
Reference [33] investigated the sum-rate maximization prob-
lem of a RIS-assisted bidirectional system in a Rayleigh fading
environment. In [34], RIS-aided device-to-device FD systems
were analyzed, with a focus on key performance indicators
such as the outage probability, ergodic capacity, throughput,
and energy efficiency. In [35], a phase optimization method
was proposed to achieve the maximum sum rate in RIS-
assisted bi-directional relay networks. In [36] a bi-directional
FD wireless system employing multiple RIS was investigated,
with a focus on the joint optimization of RIS dimensions
and positioning. In [37], RIS-assisted bi-directional FD com-
munications were investigated, with key performance metrics
such as the outage probability, considering non-reciprocal
channels. However, recent studies [38], [39] have highlighted
the potential of integrating RIS in bi-directional FD systems to
improve wireless communication, particularly in light of HIs.
References [40] specifically investigated the RIS-aided system
performance in the presence of HIs, providing crucial insights
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into practical limitations. In [41], [42], the authors explored FD
RIS system with Rayleigh fading and SI, deriving expressions
for outage probability, ergodic capacity, and error rate, and
examines the impact of metasurface configuration and system
parameters on performance. Additionally, [43] investigated the
RIS-supported bi-directional FD systems, noting that SI and
hardware limitations caused substantial performance deterio-
ration, leading to capacity saturation and increased error rates.
Reference [44] investigates UAV-assisted communication, ad-
dressing energy constraints and security risks by using si-
multaneous wireless information and power transfer (SWIPT)
with cooperative jamming. Reference [45] explores secure
communication via simultaneously transmitting and reflecting
reconfigurable intelligent surfaces (STAR-RIS), using deep
reinforcement learning to optimize signal transmission and
enhance security against eavesdropping. More recently, [46]
introduced a novel approach for joint communication and sens-
ing, integrating communication and radar functionalities into
a unified device by combining an RIS with a FD MIMO node
optimized for efficient SI management. Finally, [47] presents
a study of an RIS in a FD (FD) communication network,
deriving closed-form expressions for signal power distribution
in correlated Nakagami-m channel fading, and demonstrating
that FD outperforms half-duplex (HD) communication below
a defined threshold.

III. SYSTEM MODEL

Fig. 1. RIS-FD-HIs System model.

Consider the RIS-assisted bi-directional FD system model
shown in Fig.1 consisting of two source nodes, S1 and S2

communicating through RIS. An RIS consists of N reflec-
tive metasurface elements capable of adjusting the phases
of incident signals. Operating in FD mode, both source
nodes S1 and S2 simultaneously transmit and receive signals,
which leads to SI. Moreover, the source nodes are assumed
to not be directly connected because of natural or man-
made obstacles. The channel fading coefficient between the
source nodes Sn(n ∈ {1, 2}) and the RIS is denoted as
hlSn

=
[
h1Sn

, h2Sn
, . . . , hNSn

]T
, n ∈ {1, 2}. Where T signifies

the channel vector transpose. Each element of the complex
channel fading coefficient hlSn

is defined as hlSn
=
∣∣hlSn

∣∣ ejθ,
with l = 1, 2, . . . , N and n ∈ {1, 2}. The channel fading
follows a Nakagami-m distribution characterized by a shape

parameter m, scale parameter Ω, and phase θ which is
uniformly distributed between 0 and 2π. The Nakagami-m
channel fading distribution offers a comprehensive framework
for modeling the fading characteristics of wireless channels.
Unlike Rayleigh fading, this distribution uses the m parameter
to represent different fading conditions. By considering the
impact of HIs from both source nodes Sn(n ∈ {1, 2}), the
signal received at the lth element of RIS [48] can be expressed
as

yRIS =
√
Ps
[
hlS1

(x1 + ηtS1
) + hlS2

(x2 + ηtS2
)
]
ejϕ

l

(1)

where ϕl represents the adjustable phase shift of the lth

element in the RIS, and x1 and x2 be the transmitted data
symbols. Ps denotes the transmit power at each source node
Sn(n ∈ {1, 2}), and hlSn

, l = 1, 2, ...N , n ∈ {1, 2},
denotes the complex channel fading coefficient between the
source nodes Sn(n ∈ {1, 2}), and RIS paths. The term ηtSn

,
n ∈ {1, 2} represents the transmit HIs distortion, modeled
as ηtSn

∼ CN (0, (ktSn
)2Ps), and ktSn

, n ∈ {1, 2} denotes
the transmit error vector magnitude (EVM). similarly, ηrSn

, at
n ∈ {1, 2} is the receive HIs distortion modeled as ηrSn

∼

CN
[
0,
∑N
l=1

∣∣∣hlS1
hlS2

ejϕ
l
∣∣∣2 (krSn

)2Ps

]
, and krSn

, n = 1, 2

is the receive EVM respectively [49]. Assuming perfect CSI,
the RIS optimally selects the continuous phase shift ϕl for
each element N . This enables dynamic phase control, thereby
maximizing the strength of the received signal [40]. How-
ever, in practice, CSI imperfections—due to estimation errors,
feedback latency, and hardware limitations—cause phase mis-
alignment and reduce beamforming efficiency. The hardware
constraints in practical systems limit phase adjustments to
a discrete set as ∇ = {0, 2π/Q, 4π/Q, . . . , 2π(Q− 1)/Q},
where the phase resolution Q = 2b depends on the number
of control bits b. With sufficient phase resolution (Q >> 1)
and complete CSI, approximating the ideal optimal phase shift
becomes feasible.
The received signal, yRIS , is transmitted back to source nodes
S1 and S2 via the reciprocal channel hlSn,m

, n ∈ {1, 2}.
Therefore, at the source nodes, Sn(n ∈ {1, 2}), the received
signal can be written as

ySn =
N∑
l=1

hlSn
yRIS + ηrSn

+ ISn + zSn (2)

By substituting (1) in (2), the source node S1 signal received
is written as

yS1 =
√
Ps

N∑
l=1

∣∣hlS1

∣∣2 (x1 + ηtS1
)ejϕ

l

︸ ︷︷ ︸
Self-Information Signal and associated HIs

+
√
Ps

N∑
l=1

∣∣hlS1

∣∣ ∣∣hlS2

∣∣ (x2 + ηtS2
)ejϕ

l

︸ ︷︷ ︸
Desired Signal and associated HIs

(3)

+ ηrS1︸︷︷︸
Source node S1 HIs

+ IS1︸︷︷︸
Self interference

+ zS1︸︷︷︸
Noise
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In (3), the first term represents the self-information signal
consisting of its own transmit symbol x1 transmitted by source
node S1 and the associated HIs. The second term corresponds
to the desired signal and its associated HIs. The third term
ηrS1

, represents the HIs induced by S1. The fourth term IS1

represents the SI at the source nodes S1 formulated as IS1
∼

CN (0, ℓ2S1
Ps), and the fifth term represents the additive white

Gaussian noise (AWGN), formulated as zS1
∼ CN (0, σ2

S1
),

respectively.
Similarly, source node S2 received signal can be written as

yS2 =
√
Ps

N∑
l=1

∣∣hlS2

∣∣2 (x2 + ηtS2
)ejϕ

l

+
√
Ps

N∑
l=1

∣∣hlS1

∣∣ ∣∣hlS2

∣∣ (x1 + ηtS1
)ejϕ

l

+ ηrS2
+ IS2

+ zS2
(4)

After subtracting the self information signal from (3) and
(4), and aggregating the distortion caused by the source nodes
HIs, the received source node Sn(n ∈ {1, 2}) signals can be
expressed as

ySn
=
√
Ps

N∑
l=1

∣∣hlS1

∣∣ ∣∣hlS2

∣∣ (xn + ηS1S2
) ejϕ

l

+ ISn
+ zSn

(5)

where ηS1S2 ∼ CN
(
0,
∑N
l=1

∣∣hlS1
hlS2

∣∣2 k2S1S2
Ps

)
be the

aggregate distortion caused at Sn, n = 1, 2 nodes, k2S1S2
=

(ktS1
)2+(krS2

)2, k2S2S1
= (ktS2

)2+(krS1
)2, is the EVM at Sn,

n = 1, 2, hlS1
= ζlS1

e−jψ
l
S1 and hlS2

= ζlS2
e−jψ

l
S2 . ζlSn

are
the magnitudes and e−jψ

l
Sn , n ∈ {1, 2} are the phases of hlS2

and hlS2
respectively.

By substituting for hlS1
and hlS2

in (5), at source nodes
Sn(n ∈ {1, 2}), the received signal can be written as

ySn
=
√
Ps

N∑
l=1

ζlS1,mζ
l
S2
ej(ϕ

l−ψl
S1

−ψl
S2
)(xn + ηS1S2

)

+ ISn + zSn (6)

Then, the SI cancellation at nodes S1 and S2 employs
integrated antenna, analog, and digital methods [48], [50].
Antenna-based techniques, including polarization diversity and
directional antennas, reduce SI by 40−60 dB [50]. Optimized
antenna design and signal processing enable analog and digital
cancellation of 20 − 35 dB and 20-40 dB, respectively [50].
Combining these approaches achieves an overall attenuation
of 80 − 120 dB, effectively suppressing SI to the noise
floor [50]. The residual SI after digital cancellation, being
post-quantization, is typically modeled as a Gaussian random
variable, a characterization supported by measurements and
modeling [43], [48], [50]. Following the implementation of
all three cancellation techniques, the instantaneous signal-
to-interference-plus-noise-and-distortion ratio (SINDR) at the

source node Sn(n ∈ {1, 2}) is expressed for the proposed
system as:

γRIS−HIsSn
=

∣∣∣∑N
l=1 ζ

l
S1
ζlS2

ej(ϕ
l−ψl

S1,m−ψl
S2,m)

∣∣∣2 Ps∣∣∣∑N
l=1 ζ

l
S1
ζlS2

∣∣∣2 k2S1S2
Ps + ℓ2Sn

Ps + σ2
Sn

(7)

where γRIS−HIsSn
denotes the maximum instantaneous SINDR

at the source node Sn(n ∈ {1, 2}) and ℓ2Sn
denotes the

self interference level at the source nodes Sn. The phases of
RIS can be configured to maximize the SINR at the source
nodes Sn(n ∈ {1, 2}) is given by ϕl = ψlS1,m

+ ψlS2,m
, l =

1, 2, . . . , Nm.
Therefore, at the source nodes Sn(n ∈ {1, 2}), the instan-

taneous SINDR of the proposed system can be written as

γRIS−HIsSn
=

∣∣∣∑N
l=1 ζ

l
S1
ζlS2

∣∣∣2 Ps∣∣∣∑N
l=1 ζ

l
S1
ζlS2

∣∣∣2 k2S1S2
Ps + ℓ2Sn

Ps + σ2
Sn

(8)

A. Statistical Characteristics of Channel Model

Based on the realistic Nakagami-m fading model, we
introduce key distributions of random variables (RVs) that
will assist us in performing analytical derivations on the
performance metrics.

Z =
N∑
l=1

ζlS1
ζlS2

, n = 1, 2 (9)

Let ζlSn,m
, for l = 1, 2, . . . , N and n = 1, 2, denote

Nakagami-m distributed random variables characterized by the
shape and scale parameters m1, m2, Ω1, and Ω2, respectively.
Within the framework of Nakagami-m fading model, the
random variable (RV) Zl = ζlS1

ζlS2,m
is critical in analyzing

the performance characteristics of the proposed system. The
variable Zl represents the product of Nakagami-m random
variables. Deriving a closed-form expression for the probabil-
ity density function (PDF) and cumulative distribution function
(CDF) presents significant analytical challenges, as discussed
in [40]. Therefore, we utilize the moment matching approach
to estimate the distribution of the random variable Zl by
employing a Gamma distribution for every value of N .

Theorem 1.
According to Gamma distribution, the CDF of the proposed

RIS-assisted bi-directional FD system incorporating HIs and
SI is expressed as

FγSn
(x) ≃ 1

Γ(a+ 1)
γ

(
a+ 1,

1

b
x

)
(10)

where γ(·, ·) denotes the lower incomplete gamma
function [51], defined as γ(s, x) =

∫ x
0
ts−1e−t dt ,

x =

√(
ℓ2Sn

Ps + σ2
Sn

)
γth

Ps
(
1− k2S1S2

γth
) , and γth = 2ℜ − 1 is the

SINDR threshold, with the data rate of ℜ in bits per channel
use (BPCU).
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Proof. Let Zl = ζlS1,m
ζlS2,m

represent a random variable
that follows the Nakagami-m distribution, characterized by
the shape and the scale parameters m1, m2, Ω1 and Ω2

respectively. By using [52], the PDF of Zl is given by

fZl
(z) =

4

(
m1m2

Ω1Ω2

)
zm1+m2−1

Γ(m1)Γ(m1)
×Km1−m2

(
2z

√
m1m2

Ω1Ω2

)
(11)

where Kv(.) refers to the vth order modified Bessel function
of the second kind as defined in [51]. Subsequently, the mean
and variance of Zl are given by

E [Zl] =

(√
Ω1Ω2

m1m2

)(
Γ(m1 + 1/2)2

Γ(m1)Γ(m2)

)
(12)

and

Var [Zl] = Ω1Ω2

[
1− Γ(m1 + 0.5)2Γ(m2 + 0.5)2

Γ(m1)2Γ(m2)2

]
(13)

where the Gamma function [51] is given by Γ(.). The dis-
tribution of the RV Z =

∑Nm

l=1 Zl is is approximated by a
Gamma distribution, derived from a first-order Laguerre series
expansion [53], and the PDF can be expressed as

fZ(z) =
zae(−z/b)

Γ(a+ 1)b(a+1)
(14)

The Gamma distribution’s shape parameter a and the scale
parameter b, can be expressed in terms of E(Zl) and Var(Zl) as
follows: a = ((E(Zl))2/Var(Zl))−1, and b = Var(Zl)/E(Zl).
By substituting (12) and (13) in a and b, it can be written as

a =
m1m2NΓ(m1)

2Γ(m2)
2

m1m2Γ(m1)
2Γ(m2)

2−Γ(m1+0.5)2Γ(m2+0.5)2
−(N+1) (15)

and

b =
Γ(m1)

2Γ(m2)
2m1m2 − Γ(m1 + 0.5)2Γ(m2 + 0.5)2√

m1

Ω1
Γ(m1 + 0.5)Γ(m1)

√
m2

Ω2
Γ(m2 + 0.5)Γ(m2)

(16)
where E(Zl) = NE(Zl) and Var(Zl) = NVar(Zl).

The CDF of random variable Z [54] is defined as the
integral

FZ(z) =

∫ z

0

fZ(t) dt (17)

By substituting the approximate PDF derived from (14) in
(17)

FZ(z) ≃
∫ z

0

1

Γ(a+ 1)ba+1
tae−t/bdt (18)

Let u = t/b, then t = ub, and dt = bdu. Upon substitution,
the limits of integration transform such that t = 0 becomes
u = 0, and t = z becomes u = z/b Consequently, the integral
is now expressed as

FZ(z) ≃
1

Γ(a+ 1)

∫ z
b

0

1

ba+1
(ub)

a
e−ub du (19)

After simplifying the above equation

FZ(z) ≃
1

Γ(a+ 1)

∫ z
b

0

uae−u du (20)

By applying the lower incomplete gamma function γ(a +
1, x) =

∫ x
0
tae−tdt introduced earlier completes the proof of

(10) and the accuracy of this method relies on the first term
of the Laguerre series expansion, constituting a reasonable,
though approximate, simplification.

IV. PERFORMANCE EVALUATION OF RIS-ASSISTED
BI-DIRECTIONAL FULL DUPLEX SYSTEM

In this section, we analyze the performance of the proposed
RIS-assisted bi-directional FD communication system. This
analysis considers the effect of HIs and SI under te Nakagami-
m fading conditions.

A. Outage Probability

The outage performance of the proposed RIS-assisted bi-
directional FD hardware impairments (RIS-FD-HIs) system is
evaluated by analyzing the probability that the instantaneous
SINDR γRIS−HIsSn

drops below a specified threshold γth [55].
The outage probability is then mathematically formulated as

PRIS−HIsout = Pr(γRIS−HIsSn
< γth), n = 1, 2 (21)

Using (8), the outage probability is expressed as

PRIS-HIs
out = Pr

{∣∣∣∣∣
N∑
l=1

ζlS1
ζlS2

∣∣∣∣∣
2

Ps
(
1− k2S1S2

γth
)

<
(
ℓ2Sn

Ps + σ2
Sn

)
γth

}

= Pr

{
Z2 <

(ℓ2Sn
Ps + σ2

Sn
)γth

Ps
(
1− k2S1S2

γth
)}

(22)

The proposed RIS-FD-HIs system outage probability is then
formulated as

PRIS−HIsout = FZ

(√(
ℓ2Sn

Ps + σ2
Sn

)
γth

Ps
(
1− k2S1S2

γth
) ) (23)

A separate closed-form expression for the outage probability
is not provided, as it can be directly obtained from the CDF
in (10) by evaluating at the target SINDR threshold γth.

B. Asymptotic Outage Probability

This subsection presents a comprehensive derivation of
the asymptotic outage probability, emphasizing the system’s
performance under conditions of high signal-to-noise ratio
(SNR) [40]. Therefore, the asymptotic outage probability of
the proposed system can be expressed as

PAsympout = F∞
γ (γth) (24)
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Using γ (α, x) =
∑∞
nm=0

(−1)nmxα+nm

nm! (α+ nm)
from [40], [51],

and by substituting α = a+1 and x = 1
b

√(
ℓ2Sn

Ps + σ2
Sn

)
γth

Ps
(
1− k2S1S2

γth
)

in (24), the asymptotic outage probability can be expressed as

F∞
γ (γth) =

∞∑
nm=0

(−1)
nm

(
1
b

√(
ℓ2Sn

Ps + σ2
Sn

)
γth

Ps
(
1− k2S1S2

γth
) )a+1+nm

nm!(a+ 1 + nm)Γ(a+ 1)

(25)
As the SNR values approaches to infinity in (25), the

initial summation term, corresponding to nm = 0, becomes
the dominant factor. This is due to the higher-order power
terms diminishing in significance relative to the lower-order
terms [56]. Therefore, the asymptotic outage probability can
be expressed as

PAsympout =

((
ℓ2Sn

Ps + σ2
Sn

)
γth

Ps
(
1− k2S1S2

γth
) )( a+1

2 )

(a+ 1)b(a+1)Γ(a+ 1)
(26)

The asymptotic outage probability PAsympout in the regime
of high SNR can be expressed as PAsympout = (Gcγ)

−Gd ,
where Gd represents the diversity order and asymp-
totic SNR (array) or diversity gain as Gc. Based on
(26), the diversity order Gd = (a+ 1) /2 and Gc as(

ℓ2Sn
Ps + σ2

Sn

)
γth

Ps
(
1− k2S1S2

γth
)
(a+ 1)b(a+1)Γ(a+ 1)

. It is worth noting

that Gc characterizes the horizontal shift of the outage curve
at high SNR and does not represent any channel coding gain,
as no channel coding scheme is employed in this study.

C. System Throughput

System throughput is a vital parameter for both analysis and
optimization. It is defined as the average data rate successfully
achieved across fading channels [58]. Mathematically, the
throughput of the proposed system can be written as

T̄ sys
put = TS1S2 + TS2S1 (27)

where TS1S2 is the throughput from source node S1-to-source
node S2 and TS2S1

is the throughput from source node S2-
to-source node S1. Since it is a symmetric system model
assumption, the outage probability is same in both direction.
Hence, this simplification makes the analysis more tractable.
With this assumption, the throughput’s TS1S2 and TS2S1 are
equal. Therefore, the system throughput in terms of outage
probability can be given as

T̄ sys
put = 2ℜ(1− PRIS−HIsout ) (28)

By substituting (10) in (28), the proposed system throughput
is computed as

T̄ sys
put = 2ℜ


γ

(
a+ 1, 1b

(√(
ℓ2Sn

Ps + σ2
Sn

)
γth

Ps
(
1− k2S1S2

γth
) ))

Γ(a+ 1)


(29)

D. Energy Efficiency

In addition to outage probability and system throughput,
energy efficiency is another critical performance indicator for
evaluating the effectiveness of the proposed system [21]. The
system’s energy efficiency is defined as

η =
BT̄ sys

put

Pt
(30)

where B denotes the bandwidth, T̄ sys
put denotes the system

throughput, and total power consumption Pt = 2(PS1
+NP̄l+

P̄S1 + P̄S2) of proposed RIS-FD-HIs.
Therefore, by substituting (29) in (30), the energy efficiency

is computed as

η =
2ℜB
Pt


γ

(
a+ 1, 1b

(√(
ℓ2Sn

Ps + σ2
Sn

)
γth

Ps
(
1− k2S1S2

γth
) ))

Γ(a+ 1)

 (31)

where P̄l signifies the power dissipation of the circuit, and
P̄Sn

, n = 1, 2 represents the source nodes power levels .
Furthermore, as shown in (31), a linear relationship exists
between power consumption and the number of reflective
elements, N .

E. Impact of Imperfect CSI at RIS-FD

The perfect CSI at the RIS allows ideal phase alignment
for performance analysis. However, CSI is imperfect in prac-
tice, leading to phase estimation errors and reduced effective
channel gain [42]. Imperfect CSI mainly degrades the SINDR
numerator in (8), while leaving the denominator largely unaf-
fected. This leads to increased outage probability and reduced
throughput, especially at moderate-to-high SNR where phase
misalignment dominates. However, the SINDR’s fundamental
structure and analytical trends remain. Imperfect CSI mainly
causes array gain loss, shifting outage curves upward without
changing their asymptotic slope. Therefore, increasing RIS
elements can compensate for CSI imperfections by improving
signal power through spatial diversity. Even with long-term
CSI or statistical CSI, the framework provides performance
bounds. Future investigations will address imperfect CSI by
employing phase error modeling or modified channel statistics.

V. NUMERICAL RESULTS AND DISCUSSION

In this section, we examine the performance of the pro-
posed RIS-FD-HIs system. Monte Carlo simulations validate
analytical results. Table I compares the proposed method with
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TABLE I
COMPARISON OF PROPOSED METHOD WITH EXISTING RIS-ASSISTED FD/HD METHODS

Ref System Model Channel Model Impairments Performance Metrics
HIs SI Outage Probability Asymptotic Outage Probability System Throughput Energy Efficiency

[33] FD Rayleigh ×
√ √

× × ×
[38] FD Rayleigh ×

√ √
× × ×

[57] HD Nakagami-m
√

×
√ √

× ×
[42] FD Corr. Rayleigh

√ √ √
× × ×

[41] HD Rayleigh
√

×
√

× × ×
[43] FD Rayleigh ×

√ √
× × ×

[46] FD Rayleigh
√ √ √

× × ×
[49] FD Rayleigh

√ √ √
× × ×

Proposed FD Nakagami-m
√ √ √ √ √ √

TABLE II
LIST OF SIMULATION PARAMETERS

Symbol Parameters Values
Sn Number of Source nodes 2
N Number of reflective ele-

ments
1− 50

m1 = m2 = m Shape parameter 1, and 2
Ω1 = Ω2 = Ω. scale parameter 1
ℓ2Sn

Self-interference level 0− 2

k2S1S2
Hardware Impairments level 0.01− 0.03

SNR Signal to Noise Ratio −20dB − 40 dB
P̄l Circuit power dissipation of

RIS element
6 dBm

σ2
Sn

. Noise variance 1

existing methodologies under Nakagami-m fading, evaluating
performance in terms of outage probability, throughput, and
energy efficiency. The analysis considers key parameters such
as the number of reflecting elements N , SI ℓ2Sn

, HIs k2S1S2
,

SNR, and data rate ℜ. The proposed work offers a more
comprehensive analysis by examining the influence of these
various performance parameters. To the best of our knowledge,
no prior research has investigated RIS-assisted bi-directional
FD systems over Nakagami-m fading channels with respect
to this range of performance parameters. The parameters
employed for the performance analysis are detailed in Table
II.

Fig. 2 presents the outage performance of the proposed RIS-
assisted bi-directional FD communication system incorporat-
ing HIs under Nakagami-m fading environment. The evalua-
tion is carried out at a data rate of ℜ = 4 BPCU, Ω1 = Ω2 = 1,
m = 1, ℓ2Sn

= 0.1, N = 4, 8, 16, and 32, and k2S1S2
= 0.01.

Based on (10), the analytical results indicate the performance
degradation caused by the HIs and SI. Specifically, at N = 4
and 8 the impact of both HIs and SI yields a substantial
degradation in performance, resulting in an error floor of
SNR around = 20dB. However, increasing N ≥ 16 yields a
substantial improvement in the outage probability below 10−4,
effectively mitigating the adverse effects of both HIs and SI,
guiding minimum RIS sizing for reliability. Analytical results
confirm HIs/SI-induced saturation. Quantitative analysis shows
that N ≥ 16 minimizes error floors, achieving a 10−4 outage
at realistic SNR 20 dB, providing a design recommendation
for RIS deployments. Furthermore, the asymptotic analysis
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Fig. 2. Outage performance of the proposed RIS-FD-HIs versus SNR.

TABLE III
OUTAGE PERFORMANCE COMPARISON OF THE PROPOSED RIS-FD-HIS

WITH THE BENCHMARK METHODS

SNR
(dB)

Reflective
Elements
N

Proposed
RIS-FD-
HIs

RIS-FD-
IHIs

RIS-HD-
HIs

RIS-HD-
IHIs

20
4 10−2

(error
floor)

8 × 10−3 10−4 10−5

20 8 5×10−3 2 × 10−3 10−5 10−6

derived from (26) closely approximates system performance
at high signal-to-noise ratios (SNRs) by considering the dom-
inant term and disregarding lower-order terms. Negative SNR
values were included to assess system performance under low-
SNR conditions, where HIs and SI are prominent. This range
enables error floor identification and validation of asymptotic
trends. Monte Carlo simulations further validate these analyt-
ical findings.

Fig. 3 presents a comparative analysis of the outage per-
formance of the proposed RIS-assisted FD-HIs system in
relation to RIS-FD-IHIs, RIS-HD-HIs, and RIS-HD-IHIs. The
evaluation was performed with the following parameter con-
figurations: m = 2, Ω1 = Ω2 = 1, ℜ = 4, k2S1S2

= 0.01,
ℓ2Sn

= 0.1, and N = 4 and 8. Monte Carlo simulations
thoroughly confirm the analytical findings. The numerical
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Fig. 3. Outage probability versus SNR of proposed RID-FD-HIs in compari-
son to RIS-FD-IHIs, RIS-HD-HIs, and RIS-HD-IHIs configurations at N = 4
and 8 reflective elements.

results highlight the considerable impact of both HIs and
SI on the system performance. For instance, with N = 4
the proposed RIS-FD-HIs system exhibits an error floor in
outage probability around 25 dB SNR. Similarly, in the case
of N = 4 with l2Sn

= 0, the outage probability of RIS-FD-
IHIs exhibits a saturation effect at a comparable SNR level,
suggesting that SI significantly affects the performance. In
contrast, with N = 4, the RIS-HD-HIs and RIS-HD-IHIs
systems outage probability decreases rapidly with increasing
SNR. This observation suggests that the impact of SI is more
pronounced than that of HIs in these conditions. For the
case of N = 8, the outage probabilities of all four systems
(RIS-FD-HIs, RIS-FD-IHIs, RIS-HD-HIs, and RIS-HD-IHIs)
decrease with increasing SNR within the range of 8 dB 15
dB, influenced by both HIs and SI. Therefore, augmenting
N substantially mitigates the aggregate impact of HIs and
SI. It can be observed from the outage comparative analysis
Table III that in RIS-assisted FD systems, HIs and SI limit the
outage probability to approximately 10−2 at high SNRs (20
dB), especially when using a small number of RIS elements
(N = 4). This combined distortion, with SI alone causing an
outage floor around 8 × 10−3, poses a significant challenge
in FD, resulting in HD systems outperforming FD across all
SNR levels. Increasing the number of RIS elements (from
N=4 to N=8) enhances FD performance, particularly in the
presence of HIs, but does not eliminate the error floor. Thus,
while RIS improves reliability, both SI and HIs inherently limit
FD system performance, necessitating more RIS elements for
competitive results.

Fig. 4 shows outage probabilities for RIS-FD/HD-HIs/IHIs
versus N . The analytical results are presented for 0 dB and
−10 dB SNR, ℜ = 4 BPCU, k2S1S2

= 0.03, and ℓ2Sn
= 0.5.

The results indicate that increasing N in RIS effectively
reduces the impact of both HIs and SI. Specifically, at an
SNR of 0 dB, the proposed RIS-assisted bi-directional FD with
HIs system significantly reduces the outage probability from
100 to 10−4 as N increases from 3 to 18. Accordingly, the
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Fig. 4. Outage performance versus the number of reflective elements N .

TABLE IV
OUTAGE PERFORMANCE COMPARISON OF THE PROPOSED RIS-FD-HIS

WITH BENCHMARK METHODS FOR DIFFERENT N

SNR (dB) Reflective Proposed RIS-FD- RIS-HD- RIS-HD-
Elements N RIS-FD-HIs HIs HIs IHIs

−10 dB

3 1 1 1 1
10 0.75 0.7 0.6 0.55
20 0.55 0.5 0.35 0.3
30 0.45 0.4 0.25 0.2

0 dB

3 1 1 1 1
10 0.4 0.3 0.15 0.1
18 10−4 10−5 10−3 10−4

30 10−3 5× 10−4 10−4 5× 10−5

outage probabilities of the RIS-FD-IHIs and RIS-HD-HIs/IHIs
systems indicate a similar decreasing trend with increasing N .
However, at −10 dB SNR, the outage probabilities for both the
RIS-FD/HD-HI systems are nearly the same owing to reduced
SI. Similarly, the outage probabilities of the RIS-FD/HD-IHIs
systems are comparable. Therefore, at a low transmit SNR
of -10 dB, the impact of HIs is more dominant than SI in
influencing the RIS aided systems performance. Moreover,
it can be observed from the outage performance comparison
Table IV that increasing N from 3 to 50 significantly lowers
outage probability, showing RIS benefit to reliability. RIS-FD-
HIs has high outage at low N , but improves beyond N ≈ 18
(0 dB), dropping from 1 to 10−4. HD systems have lower
outage across all N and SNR. Therefore, larger RIS mitigates
HIs/SI issues.

Fig. 5 presents a comparison of throughput performance
for the proposed RIS-FD-HIs system in relation to RIS-FD-
IHIs, RIS-HD-HIs, and RIS-HD-IHIs, with parameters set at
k2S1S2

= 0.01, N = 4, m = 1, Ω = 1, and ℓ2Sn
= 0.5.

Based on (29), analytical results for different configurations
of RIS aided systems throughput are plotted. Although FD
technology has the potential to double the data rates when
compared to HD systems, it is noteworthy that the throughput
of the proposed RIS-FD-HIs system is observed to be only
half that of the RIS-HD-HIs/IHIs systems. This is attributed
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Fig. 5. Throughput comparison of the proposed RIS-FD-HIs system against
RIS-FD-IHIs, RIS-HD-HIs, and RIS-HD-IHIs.

to the effects of both HIs and SI. For instance, at an SNR of
20 dB, the RIS-HD-HIs and RIS-HD-IHIs systems achieve a
throughput of 8 BPCU, whereas the proposed RIS-assisted FD
with and without HIs (RIS-FD-HIs & RIS-FD-IHIs) systems
attain only 4 BPCU. This difference is due to the combined
effects of HIs and SI. Therefore, it is crucial to implement
effective strategies for mitigating both SI and HIs to enhance
the overall performance of the system.
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Fig. 6. System throughput versus self-interference ℓ2Sn
at ℜ = 4 and 5.

Fig. 6 presents the throughput performance analysis of the
proposed RIS-assisted bi-directional FD systems, considering
SI ℓ2Sn

, with and without HIs. The results are shown for fixed
parameters of ℜ = 4, and 5, k2S1S2

= 0.02, and N = 4,
respectively. The results indicate that an increase in ℓ2Sn

from
0 to 0.2, leads to a substantial reduction in the proposed
system’s throughput. Specifically, for ℜ = 5, the throughput
decreases from approximately 5.5 to 1 BPCU. Similarly, when
ℜ = 4, the throughput declines from approximately 7.5 to
approximately 5 BPCU. Therefore, it is evident that a notable

TABLE V
COMPARISON OF THROUGHPUT AND ENERGY EFFICIENCY OF THE

PROPOSED RIS-FD-HIS WORK WITH BENCHMARK METHODS.

Performance Metric Parameter Proposed RIS-FD- RIS-FD- RIS-HD- RIS-HD-
HIs IHIs HIs IHIs

Throughput SNR=20 dB, N = 4 4 4.5 8 8

Energy Efficiency SNR=12 dB, N = 2 8.8 10.8 27.8 29.6
SNR=4 dB N = 6 26 28 31.2 32

increase in the SI leads to a considerable reduction in the
system throughput.
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Fig. 7. Energy efficiency of the proposed RIS-FD-HIs systems as a function
of SNR.

A. Design Guidelines for RIS-FD-HIs

The findings provide design guidelines for the implementa-
tion of RIS-FD-HIs under Nakagami-m channel fading envi-
ronment.

• To limit the outage probability below 10−3 under HIs
k2S1S2

= 0.01, ℓ2Sn
= 0.1: Use N > 8 Fig. (2, 3).

• For throughput > 4 BPCU at 20 dB SNR: Use N ≥ 16
or reduce ℓ2Sn

< 0.05 Fig. (5, 6).
• To maintain 90% of ideal throughput, ℓ2Sn

must be less
than 0.05, requiring analog and digital cancellation.

• For energy efficiency: Use lower value of reflective
elements N = 2 at high SNR (> 12 dB); large N = 6
at low SNR (< 4dB) Fig. 7.

• Saturation loss can be limited to less than 2 dB when
k2S1S2

< 0.01; however, exceeding 0.03 results in irre-
ducible error floors, even at N=64.

These guidelines harmonize linear power scaling (31) with
impairment mitigation, thereby facilitating the effective de-
ployment of RIS-FD.
Fig. 7 presents the energy efficiency analysis as a func-
tion of the SNR of the proposed RIS-assisted bi-directional
FD systems. The simulation parameters are configured as
follows:ℜ = 4 BPCU, N = 2 and 6, k2S1S2

= 0.01, P̄l = 6
dBm, ℓ2Sn

= 0.2, and P̄Sn , n = 1, 2 = 10 dBm, respectively.
Based on (31) and the specified parameters, the analysis
highlights the effect of varying N on achieving optimal energy
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efficiency in RIS-assisted FD systems, even in the presence of
hardware impairment. The findings suggest that the maximum
energy efficiency η is achieved by reducing N when the
transmit SNR is high. Conversely, increasing N enhances the
energy efficiency in scenarios with lower transmit SNR values.
For example, when the SNR is around 12 dB with N = 2,
the maximum energy efficiencies are 8.8, 10.8, 27.8, and 29.6
Kbit/joule are achieved for RIS-FD-HIs, RIS-FD-IHIs, RIS-
HD-HIs, and RIS-HD-IHIs, respectively. Furthermore, with
N = 6 and an SNR of 4 dB, these efficiencies reach values of
26, 28, 31.2, and 32 Kbits/joule. In addition, Table V presents
a comparative analysis of the proposed work’s throughput and
energy efficiency against benchmark systems. Although FD
technology promises doubled spectral efficiency, HIs and SI in
RIS-assisted FD systems often diminish throughput to levels
comparable to HD systems. However, throughput of FD is
highly susceptible to SI, effective suppression is crucial. Fur-
thermore, FD systems typically exhibit lower energy efficiency
than HD systems due to HIs and SI. While increasing N
enhances energy efficiency at low SNRs, a smaller N proves
more efficient at high SNRs. Therefore, these findings suggest
that increasing N effectively enhances the performance of the
proposed RIS-assisted bi-directional FD systems.

VI. CONCLUSION

This paper investigated the performance of RIS-assisted FD
systems by considering the effects of both HIs and SI un-
der Nakagami-m fading. Analytical expressions were derived
initially for the SINDR and channel coefficient distributions.
These expressions are then used to formulate the performance
metrics, including the outage probability, asymptotic outage
probability, system throughput, and energy efficiency. The
RIS-FD design guidelines, accounting for potential impair-
ments strengthens the practical value. The numerical results
indicate that the HIs and SI significantly affect the system
performance. Furthermore, it has been observed that the non-
ideal parameters of RIS-FD systems result in an error floor
at higher values of SNR, particularly when N is small,
thereby degrading the outage probability. Increasing N and
implementing effective deployment strategies can mitigate
the combined effects of HIs and SI. The proposed RIS-FD
system incorporating HIs exhibits enhanced outage probability,
throughput, and energy efficiency compared to RIS-FD, RIS-
HD systems with and without HIs, especially when the RIS
is equipped with a sufficient number of reflective elements.
Furthermore, a comprehensive analysis analyzes the impact of
key performance parameters, such as the number of reflecting
elements, SI levels, and hardware impairment severity, on
overall system performance.
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